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BUSINESS-PROCESS DEVELOPMENT OF THE INFORMATION-
ANALYTICAL SYSTEMS OF THE BAIKONUR COSMODROM
AND LAUNCH VEHICLE DESIGN FOR ECOLOGICAL SAFETY
IMPROVINGIN THE IMPACT AREAS OF THEWORKED-OFF STAGES

Abstract. The analysis of the existing information-analytical system (IAS) of the Baikonur cosmodrome
(IAS.q) and the launch vehicles design (IASy,) are carried out. The main sources of the technogenic impact of LV
launching with the main liquid propulsion engines in the impact areas of worked-off stages (WS) are shown. The
concept of modernization of the existing IAS.q and IAS), is proposed, which provides for the reduction of the
technogenic impact for none rasable expendable worked-off stages, based on operational recommendations of the
created IAS), andIAS}; on the fire-explosion safety of the worked-off stages, reducing the size of theimpact areas of
the worked-off stages, and the possibility of theworked-off stagesmaneuvering to change the impact area. Proposals
for the modernization of the existing IAS 4 and the design concept for non-reusable LVs, based on the conditions for
improving ecological safety, have been developed.

Key words: technogenic impact, falling areas, information analytical system, purposed medium rocket step,
components of rocket fuel.

Introduction

The development of advanced LVs with the main liquid propulsion engines (LPE), in accordance
with the accepted recommendations of such organizations as the UN's Technical Subcommittee on the
Peaceful Uses of Outer Space [1], the Inter-Agency Space Debris Coordination Committee (IADC) [2]
provides a significant reduction in the technogenic impact of LV launches with mainLPE on the
environment, including:

- prevention of pollution of the near-Earth space by the upper WS with the main LPE which are large
explosive space debris;

- a drastic reduction in the number and areas of impact areas on the surface of the Earth for the lower
WSs, which are fire hazardous and toxic objects, leading to the chemical contamination of soil with
residues of liquid toxic propellant components such as unsymmetrical dimethylhydrazine, nitric acid,
kerosene.

Developers and operators of LV with LPE are interested in applying technologies, schematic and
designsolutions aimed at increasing the ecological safety of LV to modern requirements, while the
technical solutions should not worsen the achieved performance in terms of tactical and technical
characteristics, reliability, use of proven technologies for the LV production, ground tests and operation.

The location of the Baikonur Cosmodrome is such that considerable areas of the impact areas of the
lower WSare located on its own land territory of Russia and Kazakhstan. During the LV launches from
the Baikonur cosmodrome, 28 impact areas(IA) are deployed in Russia (4.5 million hectares, including
0.12 million hectares in the Omsk Region, 0.96 million hectares in the Novosibirsk Region, 1.96 million
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hectares in the Tomsk region, 0.4 million hectares in the Tyumen region, 0.53 million hectares in the Altai
Republic, 0.15 million hectares in the Republic of Sakha (Yakutia)), 52IAs in the Republic of Kazakhstan
(4.6 million hectares), 4 IAs in the Republic of Turkmenistan (1.19 million hectares), 2 1As in the
Republic of Uzbekistan (0.17 million hectares) [3].

The impact areas of the lower WS in the USA, the European Union, Japan, India, Brazil are located
in the waters of the World Ocean, therefore, the issues of ensuring ecological safety in the impact areas in
comparison with Russia and Kazakhstan are virtually absent.

Of considerable interest are the works carried out in the United States on reusable lower WS, for
example, launches of the rescued lower WS of LV"Falcon-9" [4], LV "Sheppard" [5], in which an attempt
is made simultaneously to solve two basic problems arising in the rocket and space activities:

- reducing the cost of the payloads insertion due to the multi-use of the most expensive part of the LV
with the main LPE (lower WS);

- reducing the technogenic impact of LV launches with the main LPE in the impact areas of the WS
due to the return of the lower WS to the launch site, which is more important for Russia with its location
of cosmodromes than for the USA.

In terms of the economic efficiency of such LVs (the ratio of the cost of the payload insertion into
thespecified orbit to the cost of the total payload insertion), we can refer to the experience of operating the
Space Shuttle reusable transport space system (RTSS) using technology, schematic and designand
construction solutions based on a manned aerodynamic (airplane) landing scheme. Operational experience
has convincingly shown that the economic efficiency of the non-reusable LV is much higher than the
efficiency of RTSS [6]. The data on the economic efficiency for the LV with the main LPE using
technologies, schematic and designand construction solutions applied at the Falcon-9 LV in comparison
with the economic efficiency of traditional non-reusable LVs in open press have not been detected,
although work has been known to analyze the effect of the flight scheme of the stage with a rocket-
dynamic rescue system for the energy characteristics of a two-stage medium-range LV[7].

Similar studies are being conducted in Russia, for example, the projects "Rossiyanka" [8], "Baikal"
[9], "Demonstrator" [10], using both a rocket-dynamic maneuver for the soft landing [7] and aerodynamic
maneuver (airplane landing scheme type of RTSS Space Shuttle, Buran) [8, 9].

The shortcomings of the technologies, schematic and designand construction solutions used in the
above developments are significant losses in the payload mass, complex technical solutions that lead to
the large volumes of ground testing and, accordingly, the high cost of the LV launch due to its multi-use
[6].

The study [11, 12] formulated the main factors of the technogenic impact of the LV launches with the
main LPE in the impact areas of lower WS and conceptual proposals for their cardinal reduction.
Thesemainfactorsinclude:

- unused liquid propellant residues components in tanksof the WS after the mainLPE cut-off, which
entails an increased probability of explosion of the fuel tanks both at the atmospheric section of the WS
descent trajectory, and directly on the surface of the impact area, increasing the probability of fire hazard
of vegetation cover inflammability;

- the presence of uncontrolled motion of the WS in the atmospheric section of the WS descent
trajectory, which leads to a significant dispersion of the points of fall of the WS and its fragments,
respectively, of the area of the impact areas with a probability of 10™ of the non-reflection of a man [2].

Taking into account the conducted analysis, it is proposed to consider the concept of ensuring
ecological safety (ES) based on the following postulates:

P1. The life cycle of the WS should not end, as it is implemented at the present time in the logic of
the functioning of virtually all Russian launch vehicles launched from the Baikonur cosmodrome -
achieving specified movement parameters, cutting-off the main LPE. Should still be implemented phase
of the WS operating, by analogy with the spacecraft, providing for its transfer to the utilization orbit after
the end of the active life. At this phase, the WS should ensure minimization of technogenic impact on the
environment in the area of its expected fall.

P2. At the present stage of the study, it is not supposed to return the WS to the cosmodrome with its
soft landing and subsequent reuse, similar to the first WS of the Falcon-9 LV.

— §f —
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P3. Ideal option - the fall of the WS with almost "dry" fuel tanks and fuel lines with a minimum
deviation from the projected point of fall of the WS, located in the R-neighborhood from the energy-
optimal point of fall of the WS.

Implementation of this concept involves:

1. The presence in the information and analytical system of /4S, , which is the part of the general /4S

of the cosmodrome /4S,,[13, 14], information on the ecological consequences of the WSfall to the initial
predicted point of fall selected by the developer and operator of the launch vehicle, including:

a) meteorological conditions in the neighborhood of point of fall,

b) prediction of the possibility of vegetation fire taking into account climatic and meteorological
conditions,

¢) the spread of the vapor cloud of the fuel component,

d) alternative points of fall of the WS with the corresponding characteristics, etc. the above
information must be generated

This information from the Z4S,_ is necessary to make a decision by the LV developer for the purpose

of developing technologies, schematic and design and construction solutionsfor improving the ecological
safety of the LV in the impact area.
2. The presence in the /4S,_information and analytical system, which is the part of the overall system

for the design and exploitation of LV, the following information:

a) the possibility of changing the predicted coordinates of the point of fall of WSto the other
recommended points in the impact area, where the ecological consequences due to the characteristics of
the impact area [15, 16] will be significantly less;

b) options for changing the coordinates of the points of fall of the WS, for example, by changing the
pitch program, yawing on the active section of the LVlaunching phase, [17] or by an additional
autonomous on-board descent system (ABDS) installed on the WS [18], to implement the WS maneuver
into other possible points of fall in the same designated impact area, but with more acceptable
characteristics;

¢) use of the energy optimal pitch program and the corresponding predicted optimal point of fall of
the WS, while this point of fall must be in the R-neighborhood from the energy-optimal point of fall of the
WS; The R-neighborhood is determined by the energy capabilities of the ABDS, the time of passive WS
flight from the moment of separation from the LV to the moment of contact of the surface of the impact
area.

In addition to the information received from the /4S_, which is necessary to improve the ecological

safety of LV, the /4S, works on:

a) minimization of fuel residues in tanks after cutting-off of the main liquid propulsion engine;

b) assessment of the ABDS ballistic capabilities for the WS maneuvering on the trajectory of descent;

¢) estimation of the possible spillages of residual fuel components from collapsed fuel tanks and WS
lines in the predicted WS point of fall;

d) probability estimation of the WS explosion and the expected zone of fragment dispersion, etc.

1 Statement of the research problem

In accordance with the above analysis and the formulated concept, the general problem of improving
the ecological safety of the LV with mainLPE can be decomposed into three interrelated sub problems:

- development of IASl_a as a component of the /4S., determination of a list of additional tasks,

mathematical models and software products that implement them;

- development of TAS[;, as an integral part of the IAS, of the existing system of design and operation

of LV, determination of a list of additional tasks, technologies, schemes and design solutions aimed at
improving the ecological safety of LV;

- determination of the optimal interaction, information flows between the IASl_a andIAS};, the
criterion of optimality and boundary conditions.

2 Development of 1AS,

The system of ecological monitoring of Baikonur Cosmodrome (SEMC) conceptually includes three
main systems: the information-analytical system, the geo-information system and the monitoring system.

— ] —
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A number of works have been devoted to various aspects of the construction of such systems, for
example, [14-16], in which the system of ecological monitoring of the Baikonur Cosmodrome was
considered as part of the overall monitoring system, which it was possible to distinguish the component of
the technogenic impact of the rocket and space activities on the environment. Figure 1 shows the general
structure of the ecological monitoring of the Baikonur cosmodrome.

Monitoring of the RK

]

ROSCOSMOS Ecological Monitoring
svstem of Cosmodrome
TsENKI

TSENKI

[ System of State Ecological J

SEMC — administrator
c icati Communication networks of SEMC
w and network protocols
Operator
Information- Geo-
analytical information
system of system of

Cosmodrome Cosmodrome

Figure 1 - System of ecological monitoring of Baikonur cosmodrome activity

The proposed approach is based on the separation of the /4S.; functions into two parts: the basic
IAS. 4 and IASm.

The task of the /A4S, includes traditional assessments of the ecological monitoring of the Baikonur
cosmodrome, based on obtaining information from the materials of the ecologicalcertification of the
impact areas of the WS in accordance with the passport of the IA [15, 16, 19]. Theseassessmentsinclude:

- general information about the enterprise responsible for the operation of the IA;

- general information about the impact area of the WS and adjacent territories;

- characteristics of natural and climatic conditions in the impact area territory;

- information on economic activities in the impact area and in adjacent territories;

- characteristics of pollution sources of the 1A, etc .;

- Calculation of ecological damage E, [R.(x.,y,)] and the cost of restoration work C"[R,(x;, )]

for each launch.
The task of IASm includes:

a) from the received data on the upcoming LV launch from the 74S, (the initial aiming point of the

WS fall in the assigned IA R;Z’m (x;,;), the optimal aiming point at which the payload mass inserted to
the specified orbit is maximal, dividing the area of the IA by N sections with Si areas (i = 1, ... N), so that

N
D8 =5,
i=1
b) in the chosen N areas, N possible predictable coordinates of the points of fall of the WS are
selected;
c) distances AR, = R()pt(x, V) —Rpr(xi, »,) are estimated for assessing the possibility of WS
maneuvering by shifting the point of fall of the WS to these values and transmitted to the /AS, ;
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d) on the basis of the passport of this IA, the ecological damage E, [Ri(x[, »;)] from falling into this
i-th section and, accordingly, the cost of restoration works, is calculatedthe each predicted point of fall
Ri (xi >V i) )

d) the received information is transmitted to the /4S5, for the calculation of the LV movement control
programs in the active section of the launch trajectory and the WS control programs in the descent section
to the selected point, which is determined from the analysis of the data array {C;* [Ei(xi, )]}, the
estimation of the ballistic capabilities of the ABDS for maneuvering by changing the coordinates of the
point of the fall by aAﬁi = ﬁopt (x,y)-R (%, ¥;) value.

In Fig. 2, as an example, the impact area for the Proton LV is given.

Figure 2 - The impact area for the "Proton" LV

As follows from Fig. 2, it is possible to ensure the fall of the WS into areas with significantly
different landscape conditions. At the same time, it is assumed that an ABDS is installed on the WS,
which provides control of the WS movement on the descent trajectory. As a result of this control, the
accuracy of the WS fall is similar to the landing accuracy of the Falcon-9 LV WS when landing at a
cosmodrome or a floating barge.

3 IAS; development

[AS[;is an element of the existing I4S, , which includes information and analytical models of the LV,

starting with the stage of formation of tactical and technical and technical tasks, including the choice of
design and construction parameters for LV, design and construction, technological, production
documentation including for testing at all stages of fabrication of the material part in the manufacturer),
operational documentation (for work on the technical and launch complexes of LV), network schedules of
the work plan for the various phases of the LVlife cycle.

As noted above, the life cycle and, accordingly, the technological,schematic and design and
construction solutionsfor LV, equipment for LV testing and checking are oriented to complete the cycle
with a command to cut off the main LPE after achieving specified movement parameters and the
payloadseparation. Further operation of the WS is a different kind of risks: explosion in theorbit, collision
with other orbital objects before fires and pollution by WS fragments in the impact areas [1-3, 19].

[AS[; development within the framework of the concept of improving the ecological safety of LV
with main LPE in the impact areas of the WS provides for the use of information from the /4S_ in several

areas:
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a) to change the program for controlling the movement of the launch vehicle at the launchingphase
(changing the points of aiming for the WS fall: the optimum point, an acceptable point from the condition
of minimizing ecological damage, which is achieved by the adjusting the existing techniques for
calculating LV launch programs);

b) to develop control of the WS movement with the ABDSuse while moving along the trajectory of
descent to the selected point on the territory of the WS impact area;

c) for the ABDS creation, which requires to complete a full cycle of its development with the
assessment of the impact of the ABDS inclusion in the LV onboard equipment on the tactical and
technical characteristics, reliability, operational properties and LV functioning;

d) determination of the ballistic capabilities of the ABDS for the displacement implementation of the

coordinates of the WS point of fall by the value Aiéi = Eopl (x,y)-R (X000

If the first two items a), b) are realizable within the existing /4S,, then the implementation of

positions c¢), d) will require certain costs and time for the ABDScreation.

It is assumed that the ABDS development and its installation on Russian LV, in accordance with the
proposed concept is objectively necessary, since the existing concept of design and operation of Russian
LV with LPE does not satisfy a number of modern requirements. This follows from the analysis of the
development of the trend of world rocket construction [1-10], in particular, the continuous increase in the
requirements for environmental safety by both international and Russian legislation, increasing
competition in the market of launch vehicles [1-10].

In accordance with the formulated concept of improving the ecological safety of LV with the main
LPE [10, 11, 20, 22], it is proposed to develop an additional ABDS, which is assigned the main part to
ensure the specified indicators for the ecological safety of LV in the WS impact area:

- extraction of unused fuel residues in tanks and WS lines after cutting off the main LPE on the WS
trajectory of descending based on the technology of their transfer from the gas-liquid phase to the gas-
vapor mixture [20];

- use of energy resources in the recovered vapor-gas mixture from fuel tanks to solve the problem of
controlled descent of the WS [17, 18];

- development of algorithms for controlling the gas-reactive system, ensuring the WS descent at the
specified point in the impact area from the condition of minimum costs for compensation of

environmental damage { C* [Ri (x,, ¥}
4 Interaction of IAS.; and IASIV
The interaction between /A4S, and I4S, , like any information exchange between complex technical

systems, has an iterative character, which can be divided into several stages and levels, both with the
readiness of each of the IAS and the current tasks to be solved by each IAS.
1. At the current level, the primary task is to create an /AS, and to create a database for each impact

area of the most acceptable WS points of fall from the condition min min{ C;* [Iél.(xi BSIE

2. Stages of interaction IAS will be determined by the creation terms of both mathematical models,
software products, and material systems that implement them, in particular, the /4S, database, the degree
of readiness of the ABDS.

3. The received information is necessary for conducting research within the framework of the
I4S, ,IAS 1> for the following purposes:

a) the synthesis of various programs for the LV movement control in the launching phase, without
taking into account the limitations on the WS impact areas (calculation Ropt (x,¥));

—

b) an estimate of the distance AR between R (x,y)and the recommended WS points of fall,

opt
obtained in the /4S_, from the condition min { C;* [R.(x.,y)]}:

¢) development of proposals for changing the design and construction parameters of the WS for the
maneuver implementation on the trajectory of descent.

— 10 ——
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4. The hierarchy of each IAS, the levels of interaction of the /4S_ and IAS,
In Fig. 3 shows a general schematic diagram of information flows between the /4S_and IAS,

Existing J45.. Existing information flows Existing J45,

Additional created

Addrtionz] mformation flows systemrAS=:

Figure 3 - The general schematic diagram of information flows between /4S,,, IASM IASm,IAS o

Realization of the presented concept of increasing the ecological safety of the launch vehicle with the
main LPE will significantly reduce the ecological load on the environment in the impact areas of the
Baikonur cosmodrome due to a drastic reduction in the areas of impact areas (controlled descent of the
WS), a significant reduction in the probability of vegetation fires (due to the almost complete recovery of
liquid residues fuel), the choice of the safest (from the ecological point of view) points of the WS fall on
the territory of the designated impact area. The volumes and costs of the [ASia,IASle,,S creation will be

determined at the next stages of the research.

5 Conclusions

1 The analysis of modern tendencies of increase of ecological safety of LV with LPE is carried out.
The main factors affecting the level of environmental damage in the impact area of of the WS are given.

2 The concept of reducing the technogenic impact in the impact areas of the Baikonur Cosmodrome
for non-reusable non-escaped WS is formulated, based on the operational recommendations of the /45, to

the /4S, , the composition of the information for exchange between the /4S, and /4S, is determined.
3 Proposals have been developed for the development of the design methodology for Z4S, to assess

the technogenic impact of LV launching on the selected fall area integrated into the general information
analytic system of the Baikonur cosmodrome.
4 Proposals for the/4S, creation to improve the ecological safety of LV with main LPE in the impact

areas are developed on the basis of upgrading the control programs for LV launches at the active phase of
the launch trajectory, the programs for controlling the movement of the WS at the atmospheric portion of
the descent trajectory, and the use of ABDS.
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'"MHCTHTYT HH(OPMAMOHHBIX ¥ BBIYMCINTEIbHBIX TEXHOIOrHH, AnMathl, Kasaxcran
? OMCKHIi TOCYIapCTBEHHBII TeXHHUeCKHil yHuBepenTet, OMck, Poccust

PA3ZPABOTKA BU3HEC-ITIPOHECCA TH®OPMAIIMOHHO-AHAJIMTHNYECKHUX CUCTEM
KOCMOJPOMA BAMKOHYP U IPOEKTUPOBAHMS PAKETBI-HOCHUTEJIS
JIJIS IOBBIIIEHUSA SKOJOTI MYECKOM BE3OITACHOCTH
B PAMOHAX IMAJIEHUS OTPABOTABIINX CTYIIEHEN

Annotanusi. [IpoBenén ananms cymectByoumx uHdpopmannoHHo-aHamuTHdeckux cucrembl (MAC) koc-
Monpoma baiikonyp MACkn u npoektupoBanus paker-Hocureneir (PH) MACpH. [TokazaHbl OCHOBHBIC HCTOYHHUKH
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BO3HUKHOBEHUS] TEXHOTCHHOTO Bo3neicTBusa myckoB PH ¢ mapmeBsiMu JKPJl B palioHax mageHus oTpabOTaBIINX
cryniererr (OC). Ilpennmoxena koHmemnus Moaepam3anuu cymectpytonmx MACkn u MACpH, obecneunBaromas
CHIDKEHHE TEXHOTCHHOTO BO3JCUCTBHUS Ui OHHOPa3oBBIX HecmacaemMbix OC, OCHOBaHHAs Ha OMNEPATHBHBIX
pexoMenmanuax cosmaBaeMbix MACpm u o obecnedeHuno moxapos3peiBodesonacHoct OC, CHIKEHHUS pa3MepOB
momaan naneauss OC, Bo3moxkHoctn ManéBpa OC aisa m3MeHeHusl paiioHa najaeHus.Pa3paboTaHbl MpeIoKeHHS
o MoJiepHu3aIyu cyuiectByromeil MACKI 1 KOHIENIINN TPOEKTUPOBaHUS OJHOPa3oBeIX PH, mcxons u3 ycmosuit
MOBBIIICHHUS YKOJIOTUIECKOI 0€30MacHOCTH.

KiroueBble ¢jI0Ba:TEeXHOI'CHHOE BO3JCHCTBHE, padOHBI MaJACHU, HHGOPMAIIMOHHAS aHAJTUTUYECCKAs CUCTEMA,
0Tpa6OTaBHJaﬂ CTYINICHb PAKETBI-HOCUTECJIA, KOMIIOHEHTBI paKCTHOI'O TOILJIMBA

B.T. Cyiimen6aes’, B.H. prummcosz, I'.T. Epmoauna’, K.B. Cyiimen6aesa', A.M. Banbimes'

' AKIIapaTTHIK JoHe ecenTey TEXHONOTHAIAP HHCTHTYTHI, AnMathl, Kasakcran
? OMOBIMEMITCKETTIK TeXHHKAIBIK yHHBEpcHTeTi, OMObI, Peceit

«BAMKOHBIP» FAPBIII AMJIAFBIHBIH AKITAPATTBIK-TAJIIAY 'KYHEJEPI YIITH
BU3HEC-YJEPICTI JAMBITY JKOHE KYJIAY AUMAKTAP/IA OTEJTEH CATBLJIAP/IBIH
SKOJIOTHSUIBIK KA YITICI3IIKTI dKAKCAPTY YIIIH 3bIMBIPAH TACBIMAJIJAYIIBLIAP/IBI
JKOBAJIAY

AnHoTanus. BallKOHBIp FaphIll alTaFrbIHBIH Ka3ipri 3aMaHFBI aKMapaTThIK-Tanaay xyhenepin (ATXK) xone
ATX;, ymelpy ammapaTTapblH >ko0ajmayabl Tainmay IKYpri3iami. 3bIMBIPpAaH KO3FAITKBIITAPHL Oap YINBIPY
annapaTTapblHBIH eTelreH cartbuiapiarsl (OT) aHTponoreHzaik ocepiHiH Herisri ke3zaepi kepcerinren. ATX-men
JKacaJiFaH JKellel YChIHBICTAap sl Herisre ana oTeIphin, OC-HBIH 6pT JKOHE JKapbUIBIC KAYilCi3AiTiH KaMTaMachl3 €Ty,
OK-HBIH Kyllay aliMarbIHBIH KOJIEMiH a3ailTy, Ky1ay aiiMarblH e3repTy ymiiH OC-Tel MaHeBp Xkacay, Oip perTik
Kayincizmikreri ©C-Fa aHTPOIIOTEHIIIK 9CEPiH TOMEHICTY NI KaMTaMachkl3 eTeTiH KonmaHsicTarsl AT, sxkone ATXK,;
KAHFBIPTY TYXKbIpbiMAamackl. Konpaueictarsl ATIK;, KaHFBIPTY KOHE SKOJOTHSUIBIK KAYIMCI3OIKTI JKeTUIaipyre
Heri3zesren 0ip perTik OipiKTepl xobatay TYKbIPbIMIaMachkl OOMBIHIIIA YCHIHBICTAD O3IPIICHII.

Tyilin ce3mep: TEXHOJOTCHIIK dcepiep, Kylay aiiMarbl, aKHapaTThIK-Talgay XKyHeci, 3pIMBIpaH TachIMalay-
IIBIHBIH ©TCJINCH CATBIChI, 3bIMbIPAH/IBIK OTBIH KOMHOHeH’I‘Tepi
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ON THE INITIAL-BOUNDARY VALUE PROBLEM
FOR SYSTEM OF THE PARTIAL DIFFERENTIAL EQUATIONS
OF FOURTH ORDER

Abstract. A initial-boundary value problem for system of the partial differential equations of fourth order is
considered. We study the existence of classical solutions to the initial-boundary value problem for system of the
partial differential equations of fourth order and offer the methods for finding its approximate solutions. Sufficient
conditions for the existence and uniqueness of a classical solution to the initial-boundary value problem for system
of the partial differential equations of fourth order are set. By introducing of a new unknown functions, we reduce
the considered problem to an equivalent problem consisting of a nonlocal problem for the system of hyperbolic
equations of second order with functional parameters and the integral relations. We offer the algorithm for finding
an approximate solution to the investigated problem and prove its convergence. Sufficient conditions for the
existence of unique solution to the equivalent problem with parameters are established. Conditions of unique
solvability to the initial-boundary value problem for system of the partial differential equations of fourth order are
obtained in the terms of initial data. Separately, the result is given for the initial-periodic in time boundary value
problem.

Keywords: system of the partial differential equations of fourth order, initial-boundary value problem,
nonlocal problem, system of the hyperbolic equations of second order, solvability, algorithm.

1. Introduction. Currently, the problems of mathematical physics connected with the description of
wave motion of liquids of different nature are drawn by great attention. This interest is caused not only by
big applied importance of these problems, but their new theoretical and mathematical content often do not
have analogues in the classical mathematical physics. One of the important classes of such problems are
the initial-boundary value problems for fourth order partial differential equations. To date, various
methods for researching and solving the initial-boundary value problems for fourth order partial
differential equations of hyperbolic and composite types are developed in [1-12]. In order to investigate
various boundary value problems for fourth order partial differential equations along with the classical
methods of mathematical physics (the Fourier method, the method of Green's functions, Poincare's metric
concept) we apply the method of differential inequalities and other methods of qualitative theory of
ordinary differential equations. Based on them, the conditions for solvability of considered boundary
value problems are obtained, and the ways for finding their solutions are offered. Fourth order system of
partial differential equations began to be studied relatively recently.

In the present work we consider system of the partial differential equations of fourth order at the
rectangular domain. Boundary condition for time variable are specified as a combination of values from
the partial derivatives of required solution on third orders by spatial variable. We investigate the questions
of existence and uniqueness of the classical solution to initial-boundary value problem for system of the
partial differential equations of fourth order and its applications.

—— |4 ——
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2. Methods. For solve to considered problem we use a method of introduction additional functional
parameters [13-29]. The original problem is reduced to an equivalent problem consisting of nonlocal
problem for system of the hyperbolic equations of second order with functional parameters and integral
relations. Sufficient conditions for the unique solvability to investigated problem are established in the
terms of initial data. Algorithms for finding solution to the equivalent problem are constructed.
Conditions of unique solvability to initial-boundary value problem for system of partial differential
equations of fourth order are established in the terms of system’s coefficients and boundary matrices.
Separately, the result is given for the initial-periodic in time boundary value problem.

Note that, in [30, 31] a similar approach has been applied to the initial-boundary value problem and
nonlocal problem for the system of partial differential equations of third order.

2. Statement of problem. At the domain QQ =[0,7]x[0,w] we consider the initial-periodic boundary

value problem for system of the partial differential equations of fourth order in the following form

0'u —A(tx)63 + A, (¢, )83 +A(tx) Ou +A(t ) Ou +A(t )

atox’
+A(tx) +A(tx)u+f(tx) (t,x)eQ, M
3 3
SHC kLD o), xefo,0), @
X

u(t,0) =w, (1), tel0,T], (3)
-0 — l//1(t): te [O,T], 4

Oox

62

% x=0 :l/jz(t)a te [OaT]’ (5)

where u(t,x) = col(u,(t,x),u,(t,x),...,u,(t,x)) is unknown function, the nXn -matrices A4 (¢,x),

i=1,7, and n-vector function f(t,x) are continuous on €, the nxn-matrix K(x) and n-vector-

function @(x) are continuous on [0, ®], the n-vector-functions w,(¢), w,(f) and w,(t) are
continuously differentiable on [0,7"]. The initial data satisfy the condition of approval.
ou(t,
A function u(z,x)e C(Q,R") having partial ~derivatives %x) e C(Q,R"),
X
Bu(t 2 d%u(t 3
"6 Cory, PN ccqrny, Y Corny, 24D Ry,
ot ox tOx X
3 4
% e C(,R"), o ult,x) x) e C(€,R"), is called a classical solution to problem (1)--(5) if it
tox

satisfies system (1) for all (z,x) € 2, and boundary conditions (2)--(5).

We will investigate the questions of existence and uniqueness of the classical solutions to the
initial-boundary value problem for system of the partial differential equations of fourth order (1)--(5) and
the approaches of constructing its approximate solutions. For this goals, we applied the method of
introduction additional functional parameters proposed in [13-31] for solving of various nonlocal
problems for systems of hyperbolic equations with mixed derivatives. Considered problem is provided to
nonlocal problem for the system of hyperbolic equations of second order including additional functions
and integral relation. The algorithm for finding the approximate solution of the investigated problem is
proposed and its convergence proved. Sufficient conditions of the existence unique classical solution to
problem (1)--(5) are obtained in the terms of initial data.
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